In this paper, we establish some new common tripled fixed point theorems for mappings defined on a set equipped with two quasi-partial metrics. We also provide illustrative examples in support of our new results. The results presented in this paper generalize the well-known comparable results in the literature due to Karapinar et al. [Math. Comput. Model. 57:2442-2448 , 2013 , and Shatanawi and Pitea [Fixed Point Theory Appl. 2013:153, 2013. MSC: 47H10; 54H25
Introduction and preliminaries
In , Matthews [] introduced the notion of partial metric spaces and extended the Banach contraction principle from metric spaces to partial metric spaces. Based on the notion of partial metric spaces, several authors (for example, [-]) obtained some fixed point results for mappings satisfying different contractive conditions. Very recently, Haghi et al. [] showed in their interesting paper that some of fixed point theorems in partial metric spaces can be obtained from metric spaces.
In , Karapinar et al. [] introduced the concept of quasi-partial metric spaces and studied some fixed point problems on quasi-partial metric spaces.
The notion of partial metric space is given as follows.
Definition . (Matthews [])
A partial metric on a nonempty set X is a function p : X × X − → R + such that for all x, y, z ∈ X:
(x, x) = p(x, y) = p(y, y), (p) p(x, x) ≤ p(x, y), (p) p(x, y) = p(y, x), (p) p(x, y) ≤ p(x, z) + p(z, y) -p(z, z).
A partial metric space is a pair (X, p) such that X is a nonempty set and p is a partial metric on X.
Following Karapinar et al. [] , the notion of quasi-partial metric spaces is given as follows.
Definition . (Karapinar et al. [])
A quasi-partial metric on nonempty set X is a function q : X × X → R + which satisfies: A quasi-partial metric space is a pair (X, q) such that X is a nonempty set and q is a quasi-partial metric on X.
Let q be a quasi-partial metric on set X. Then (ii) A sequence {x n } is called a Cauchy sequence if lim n,m→∞ q(x n , x m ) and lim n,m→∞ q(x m , x n ) exist (and are finite). (iii) The quasi-partial metric space (X, q) is said to be complete if every Cauchy sequence {x n } in X converges, with respect to τ q , to a point x ∈ X such that q(x, x) = lim Bhaskar and Lakshmikantham [] introduced the concept of coupled fixed point and studied some nice coupled fixed point theorems. Later, Lakshmikantham and Ćirić [] introduced the notion of a coupled coincidence point of mappings. For some works on a coupled fixed point, we refer the reader to [-] .
For simplicity, we denote from now on X × X × · · · × X k terms by X k where k ∈ N and X is a nonempty set. We start by recalling some definitions. 
Definition . (Bhaskar and Lakshmikantham
holds for all x, y, u, v ∈ X. Also, suppose we have the following hypotheses:
is a complete subspace of X with respect to the quasi-partial metric q.
Then the mappings F and g have a coincidence point (x, y) satisfying gx = F(x, y) and gy = F(y, x).
Moreover, if F and g are w-compatible, then F and g have a unique common coupled fixed point of the form (x, x).
The aim of this article is to prove some new common tripled fixed point theorems for mappings defined on a set equipped with two quasi-partial metrics.
The following lemma is crucial in our work.
Lemma . (Shatanawi and Pitea [])
Let (X, q) be a quasi-partial metric space. Then the following statements hold true: 
Main results
Theorem . Let q  and q  be two quasi-partial metrics on X such that q  (x, y) ≤ q  (x, y), for all x, y ∈ X, and F : X  → X, g : X → X be two mappings. Suppose that there exist k  ,
such that the condition
holds for all x, y, z, u, v, w ∈ X. Also, suppose we have the following hypotheses:
(ii) g(X) is a complete subspace of X with respect to the quasi-partial metric q  .
Then the mappings F and g have a tripled coincidence point (x, y, z) satisfying
Moreover, if F and g are w-compatible, then F and g have a unique common tripled fixed point of the form (u, u, u) .
. Continuing in this way we construct three sequences {x n }, {y n }, and {z n } in X such that gx n+ = F(x n , y n , z n ), gy n+ = F(y n , z n , x n ) and
It follows from (.), (.), (QPM), and (QMP) that
which implies that
Obviously,  ≤ k < . Repetition of the above inequality (.) n times, we get
Next, we shall prove that {gx n }, {gy n }, and {gz n } are Cauchy sequences in g(X). http://www.fixedpointtheoryandapplications.com/content/2014/1/71
In fact, for each n, m ∈ N, m > n, from (QPM) and (.) we have
This implies that
and so Hence {gx n }, {gy n }, and {gz n } are Cauchy sequences in (gX, q  ). Since (gX, q  ) is complete, there exist gx, gy, gz ∈ g(X) such that {gx n }, {gy n }, and {gz n } converge to gx, gy, and gz with respect to τ q  , that is,
and
Combining (.)-(.), we have
On the other hand, by (QMP) we obtain
Letting n → ∞ in the above inequalities and using (.), we have
That is,
Similarly, we have
Now we prove that F(x, y, z) = gx, F(y, z, x) = gy, and F(z, x, y) = gz. In fact, it follows from (.) and (.) that
Letting n → ∞ in the above inequality, using (.)-(.), we obtain
This implies that 
Substituting (.) into (.), we obtain
Lemma ., we get gx = gx * , gy = gy * , and gz = gz * , which implies that the uniqueness of the tripled point of coincidence of F and g, that is, (gx, gy, gz).
Next, we will show that gx = gy = gz. In fact, from (.), (.)-(.) we have
This implies that
By similar arguments as above, we can show that
Substituting (.) into (.), we have Consequently, (u, u, u) is a tripled coincidence point of F and g, and so (gu, gu, gu) is a tripled point of coincidence of F and g, and by its uniqueness, we get gu = gx. Thus, we obtain F(u, u, u) = gu = u. Therefore, (u, u, u) is the unique common tripled fixed point of F and g. This completes the proof of Theorem .. In Theorem ., if we take q  (x, y) = q  (x, y) for all x, y ∈ X, then we get the following.
Remark
Corollary . Let (X, q) be a quasi-partial metric space, F : X  → X and g : X → X be two
that the condition q F(x, y, z), F(u, v, w) + q F(y, z, x), F(v, w, u) + q F(z, x, y), F(w, u, v)
≤ k  q(gx, gu) + q(gy, gv) + q(z, w) + k  q
gx, F(x, y, z) + q gy, F(y, z, x) + q gz, F(z, x, y)
+ k  q
gu, F(u, v, w) + q gv, F(v, w, u) + q gw, F(w, u, v)
+ k  q
gx, F(u, v, w) + q gy, F(v, w, u) + q gz, F(w, u, v)
+ k  q
gu, F(x, y, z) + q gv, F(y, z, x) + q gw, F(z, x, y) (.)
(
ii) g(X) is a complete subspace of X.
Moreover, if F and g are w-compatible, then F and g have a unique common tripled fixed point of the form (u, u, u). such that the condition
Moreover, if F and g are w-compatible, then F and g have a unique common tripled fixed point of the form (u, u, u).
Proof Given x, y, z, u, v, w ∈ X. It follows from (.) that
Adding inequality (.) and (.) to inequality (.), we get
Therefore, the result follows from Theorem .. such that the condition
Remark . If we take
Corollary . Let q  and q  be two quasi-metrics on X such that q  (x, y) ≤ q  (x, y), for all x, y ∈ X, and F : X  → X, g : X → X be two mappings. Suppose that there exists k ∈ [, )
Corollary . Let q  and q  be two quasi-metrics on X such that q  (x, y) ≤ q  (x, y), for all x, y ∈ X, and F :
(ii) g(X) is a complete subspace of X with respect to the quasi-partial metric q  . 
Then the mappings
holds for all x, y, z, u, v, w ∈ X. Also, suppose we have the following hypotheses: http://www.fixedpointtheoryandapplications.com/content/2014/1/71
(ii) g(X) is a complete subspace of X with respect to the quasi-partial metric q  . such that the condition
(ii) g(X) is a complete subspace of X with respect to the quasi-partial metric q  . such that the condition 
, k  , k  , k  , and k  in [, ) with k  + k  + k  + k  + k  <  such that the condition q  F(x, y, z), F(u, v, w) + q  F(y, z, x), F(v, w, u) + q  F(z, x, y), F(w, u, v) ≤ k  q  (x, u) + q  (y, v) + q  (z, w) + k  q  x, F(x, y, z) + q  y, F(y, z, x) + q  z, F(z, x, y) + k  q  u, F(u, v, w) + q  v, F(v, w, u) + q  w, F(w, u, v) + k  q  x, F(u, v, w) + q  y, F(v, w, u) + q  z, F(w, u, v) + k  q  u, F(x, y, z) + q  v, F(y, z, x) + q  w, F(z,, k  , k  , k  , and k  in [, ) with k  + k  + k  + k  + k  <  such that the condition q F(x, y, z), F(u, v, w) + q F(y, z, x), F(v, w, u) + q F(z, x, y), F(w, u, v) ≤ k  q(x, u) + q(y, v) + q(z, w) + k  q x, F(x, y, z) + q y, F(y, z, x) + q z, F(z, x, y) + k  q u, F(u, v, w) + q v, F(v, w, u) + q w, F(w, u, v) + k  q x, F(u, v, w) + q y, F(v, w, u) + q z, F(w, u, v) + k  q u, F(x, y, z) + q v, F(y, z, x) + q w, F(z,, k  , k  , k  , and k  in [, ) with k  + k  + k  + k  + k  <  such that the condition p F(x, y, z), F(u, v, w) ≤ k  p(x, u) + p(y, v) + p(z, w) + k  p x, F(x, y, z) + p y, F(y, z, x) + p z, F(z, x, y) + k  p u, F(u, v, w) + p v, F(v, w, u) + p w, F(w, u, v) + k  p x, F(u, v, w) + p y, F(v, w, u) + p z, F(w, u, v) + k  p u, F(x, y, z) + p v, F(y, z, x) + p w, F(z,q  F(x, y, z), F(u, v, w) ≤ a  q  (x, u) + a  q  (y, v) + a  q  (z, w) http://www.fixedpointtheoryandapplications.com/content/2014/1/71 + a  q  x, F(x, y, z) + a  q  y, F(y, z, x) + a  q  z, F(z, x, y) + a  q  u, F(u, v, w) + a  q  v, F(v, w, u) + a  q  w, F(w, u, v) + a  q  x, F(u, v, w) + a  q  y, F(v, w, u) + a  q  z, F(w, u, v) + a  q  u, F(x, y, z) + a  q  v, F(y, z, x) + a  q  w, F(z,∈ [, ) such that the condition q  F(x, y, z), F(u, v, w) + q  F(y, z, x), F(v, w, u) + q  F(z, x, y), F(w, u, v) ≤ k q  (x, u) + q  (y, v) + q  (z, w) (.)
